Γεωμετρία Β’ Λυκείου - Ασκήσεις από την Τράπεζα Θεμάτων Κεφάλαια 10.4-10.5
Λύσεις
ΘΕΜΑ 2 / 17346
[image: A math equations on a white background

AI-generated content may be incorrect.]
ΘΕΜΑ 2 / 21196
[image: A math equations on a white background

AI-generated content may be incorrect.] [image: ]
[image: A math equations on a white background

AI-generated content may be incorrect.]
[image: A math equations and formulas

AI-generated content may be incorrect.]
ΘΕΜΑ 4 / 22369
[image: A math equations on a white background

AI-generated content may be incorrect.]
[image: A diagram of a triangle

AI-generated content may be incorrect.]
[image: A white background with black and orange text

AI-generated content may be incorrect.]
ΘΕΜΑ 4 / 22568
[image: A white text with black and white text

AI-generated content may be incorrect.][image: ]


ΘΕΜΑ 4 / 22101
[image: A math equations on a white background

AI-generated content may be incorrect.]
Λόγος Εμβαδών
ΘΕΜΑ 2 / 16127
[image: A math equations on a white background

AI-generated content may be incorrect.]
ΘΕΜΑ 2 / 21120
[image: A math equations on a white background

AI-generated content may be incorrect.]


ΘΕΜΑ 2 / 21304
[image: A white text with black text

AI-generated content may be incorrect.]

ΘΕΜΑ 2 / 22070
[image: A math equations and numbers

AI-generated content may be incorrect.]
[image: A black and white drawing of a triangle

AI-generated content may be incorrect.][image: A close up of text

AI-generated content may be incorrect.] 
[image: A white background with black text

AI-generated content may be incorrect.]


ΘΕΜΑ 4 / 16732
[image: A white paper with black text

AI-generated content may be incorrect.][image: A math equations on a white background

AI-generated content may be incorrect.]







ΘΕΜΑ 2 / 18101
[image: A white text with black text

AI-generated content may be incorrect.]


ΘΕΜΑ 2 / 21189
[image: A math problem with a triangle and lines

AI-generated content may be incorrect.][image: A white paper with black text and numbers

AI-generated content may be incorrect.]



ΘΕΜΑ 4 / 21839
[image: A white page with black text

AI-generated content may be incorrect.]
image6.png
a) ¥to tpiywvo ABT eivat AB=8, B['=7 kat A = 60° omndte amd tov VOHO TWV
GUVNULTOVWY EXOUUE

B2 = AB? + AI'2 — 2AB- AT - ouv A

72 =82+ Al'2—-2-8-Al-ouv60°

49= 64+ AI” — 16 AT -3

AT?2—8-Al'+15=0

Alr=3 A Al =5.

B) i) 2to tplywvo ABT elvat AB=8 ,B[ =7 kat AT =3 n Al =5, dpa n peyaditepn
mAeupd Tou eivat n AB = 8, onote AB? = 82 = 64.

AV AT = 3 0a eivat AT? + B['? =32 + 72 =9 4+ 49 = 58, ondte

AB? > AT? 4+ BI'2, dpa [ > 90°, dpa to tpiywvo ABT eivat apBAuywvio, dtormo.

Av AT = 58a elvat AT? + B2 =52 + 72 = 25 + 49 = 74 , onote

AB? < AT? 4+ BI'?, dpa [ < 90°, dpa to tpiywvo ABT eivat ofuywvio.

Emopévwg Al = 5.

ii) =to tplywvo ABL eivar AB =8, AT =5 kot A = 60°, onéte and ToV TPLYWVOLETPLKO
TUTo ToU gpBadoul Exoupe

\/_

(ABI‘)——AI‘ AB-nuA == 5 8- nu60°—% 5. =10v3.

iii) Eotw AZ to Uog tou tpywvou ABT amé thv kopudn A. Tote autd Ba eivat UPog Kat Tou

popuBou ATAE pe avtiotoin Baon tnv I'A. EivatTA = AT = 5 ene1dn to ATAE eival poppocg.
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A r 2 B

Ané o (B i) eivat (ABT) = 10+/3 . Enedry (ABT) = % -BI'*AZ ko BI' =7, Ba éxoupe
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%-BI‘-AZ = 10v3

%-7-AZ:10\/§

AZ:%I

Emopévwe to euBadov tou poppou ATAE eivatl

20v3 00v3
(AI‘AE)=I‘A-AZ=5-T\/—=1 7‘/_
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Ouywvieg KBI kat KAA eivat syyeypappévec ywviec tou kUkAou (A,R) mou Baivouv oto
1610 tofo KA, dpa eival (oeg. H euBeia B elval epamntopévn tou KukAou (K,p) oto
onpeio tou T, emopévwe n ywvia KIB eivat opBr. H KA eivat Stdpetpoc Tou KUKAou
(AR) kat n ywvia KAA eivat eyyeypappévn mou Baivel o nukUKALo, dpa eivat opBH.
Ta tplywva KI'B kat KAA éxouv KI'B= KAA (0p8éc) kat KBr'= KAA, emopévwe éxovtag SUo
ywvieg loeg pla mpog pia, elvat opola.

H KA eival Stapetpog tou kKUkAou (A,R), dpa KA=2-R=20 kat n KI eivat aktiva tou

KUKAou (K,p), dpa KI=p=6. Epdoov ta tpiywva KIB kat KAA eival opola, EXOuV TLg

- , o SnAasH KI KB TIB AT , K KB , ,
EUPEG TOUG avaloye adn —=—=— ATO TNV LoOTNTO —— =—— €XOUME OTL
pEG S VEG, onAaon = n Nt " Txa EXOUH

6 KB ,
—=— n KA-KB=120.
KA 20

B) AdoU eival KB=15 kat KA-KB=120 téte 15-KA=120, dpa KA=8. Epapuolovtag to mubayopelo

Bewpnua oto Tpiywvo KAT éxoupe KM2+TA2=KA2 | 36+ [A2=64 fj TA2=28 fj TA=\28=2+/7.To

eUBadOV Tou opBoywviou Tplywvou ATK eivat (AFK)=T=

Kr-AK 6-2/7
2‘/_=6ﬁ.




image10.emf

image11.png
i. T tnvebpeon Tou eUPadol TOU TPLYWVOU XPNOLLOTIOLOUHE TOV TUTIO:

E=%AB~AF~nuA=%3~4~nu60° =6-€=3\/§

ii. Edapuoloupe TOV VOUO TWV CUVNULTOVWY OTo Tpiywvo ABT:

1
BI” = AB’ + AI” ~2AB- Al 0uvA=3'+4"=2.3:4-00v60" =9+16-24. =13,

Apa, Bl = J13.
B) To epBadov tou Tplywvou Sivetal amod tov TUo

E:%AB-AF-nuA:%3-4-nuA:6-nuA.

Mo TV ywvia A Tou Tplywvou toxVel otL 0° < A < 180°, dpa 0 < nuA < 1. H péylotn T tou
NUA eivat 1, 6tav n ywvia A eivat 90°. Emopévwe, to epBadov yivetal péyloto otav n ywvia

A elval opBn kat n HéEyLoTn TN Tou elvalE =6-1 =6 T.\.
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a) To epPadov tou tpywvou ABI eival

1
E==Br-Ad=x-9-8=36
2 2
B) i) O Adyog opoloTNTOC TwV OpolwV Tplywvwyv ABT kat A’BT elval
_Br_2_3
BT 6 2

i) Eotw E’ 1o guPadov tou tpywvou A’BT’. Av duo tplywva eivol opola TOTe o
AOyoC TwV eUBadWV TOUC LooUTAL LE TO TETPAYWVO TOU AOYOU OHOLOTNTOC, OtOTE Ba

EXOUUE
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a) i) T'vwpiloupe OTL TO Tplywvo Tou opileTal amo Tig euBeiec SUO MAEUPWV TPLYWVOU Kol pia
TOPAAANAN PO TNV TPpitn TMAEUpPA TOU, €XEL TAEUPEC QVAAOYEG TIPOC TIC TIAEUPEG TOU
apxLKoU Tplywvou. Emiong, av dUo tpiywva €xouv TIG MAEUPEC TOUG AVAAOYEG Uia mpog pia,

TOTE €lval opola. Emopévwe ta tpiywva AAE kot ABI eival opota. O AOyog opoLoTNTAC TOUC

) Ad 1
vl =—=—.

AB 2
ii) Av duo Tplywva elval opoLla ToTe 0 AOyoC TwV EUBadWV TOUG LOOUTOL LLE TO TETPAYWVO TOU

Aoyou opolotntag. Emopévwe o Adyog Twv epBadwyv Twv Tplywvwyv AAE kat ABI 6a ivat

asm =4 = (ﬁ) =— A (A4E) =— (4BD).

1
B) Aivetat 6tL (ABI') = 2, omdte amnd 1o epwthua a) i) sivat (AAE) = 5 2 = 1. Eniong

10 epPBadov tou tparneliov BI'EA 0a gival (BI'EA) = (ABI') — (AAE) =2 -1 = 1.
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a) Zoudwva pe edpappoyn Tou Bewpnuatog tou Oaln, ol MAeUpEG Tou Tplywvou AAE eival
avaloyeg Tpog TIg MAEUPEC Tou TpLywvou ABT, ebocov to AAE opiletal amod tig eubeleg Twyv
mAeupwv AB kat AT tou ABT kat tnv AE mou eivat mapdAAnAn oty Bl. Emopévwg ta tTplywva

, , AB Al Bl
ABI kat AAE glvaL opola pe — =
AA AE AE

. , , , AB AB 1
O Aoyocg opolotnTag Twy Tplywvwy ABT kot AAE elval =

AA AB+BA 1+2

1
3
B) O AOyog Twv TEPLUETPWY SUO OUOLWYV TPLYWVWV glval (00¢ e Tov AOyo opoldTnTAC Toug,

, , , , , , 1
apa oL MEPILETPOL TWV OOLWV TpLywvwy ABT kat AAE €xouv Aoyo —.

3
Emopévwe n mepipetpog tou AAE elval tputAdotia the mepLuétpou tou ABI, dnAadn elval ion
pe 3-8,5=25,5.
y) O Adéyog twv eppadwyv SU0 OpOLWV TPLYWVWYV elval (0OC LE TO TETPAYWVO TOU Adyou

OMOLOTNTAC TOUG, dpa o Adyog twv eppadwv (ABI) kat (AAE) Twv dpolwy tTplywvwy ABT kat

, , 1 ,
AAE, avtiotolya glval 5 AnAadn:
AAE 15 5
(BN 1 4 (agry=A2E) o (apn=12_3
(AAE) 9 9 9 3
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o) H peyaAUtepn MAEUPA TOU TPLYWVOU £lval n a. Oa eEETACOULE OV TO ABPOLoHO TWV
TETPOYWVWYV TWV AAAWV SU0 TAEUPWV TOU ELvVaL L0O LE TO TETPAYWVO TNG MTAEUPAC O.
B2+y2=82+152 AR%+y?=64+225 4 B*+y =289
a’=17>Ra?*=289
Apa B2 + y? = o, ondte To Tpiywvo eival opPoywVLo e UTOTEIVOUGE TNV TAEUPd a=17 Kat
A=90°.
B)
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Ta tpiywva ABA kot ATA eivat opBoywvia pe B = A; adou eivat kot ot §U0 ywvieg

N

OUMUTIANPWHATIKEC TNC ywviag I'. Apa gival opola Kot 0 Adyog OHoLlOTNTAG Toug Ba

elval looc pe To AOyo TwV UTIOTELVOUCWYV TouC. AnAadn A = Tos
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ii. O Aoyoc Twv euBadwv Twv Tplywvwyv ABA kat ATA Ba LooUTal HE TO TETPAYWVO TOU

AOyOU OHOLOTNTAC Toug, adol €lSOE OTO MPONYOULEVO EPWTNHO OTL QUTA Elvol

15
oMol e AOYO OpOLOTNTAC A = r

. (ABA) (15)2 225
Apa =\—) =—.
(ATA) \8 64
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Ta tpiywva MKB kat AKT givat opBoywvia kat €xouv Kown tn ywvia K. Ondte éxouv

U0 YwVieg TOUG loeg pLa Tpo¢ pLa, apa eival opoLa.

MB _ —AB 1
B) Ta opola tpiywva MKB kot AKB €xouv Adyo opolotntag A = AT AB = >

Onote o AoyoC twv epfadwv toug Ba ooUTOL HE TO TETPAYWVO TOU AOyou

2
MKB 1
oMOoLOTNTAG TouG, SnAadNh: ( ) _ A2 = (—) =

1
(AKT) 2 4

1
Juvenwe (MKB) = n (AKI).
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Ta tpiywva AMA kot MKB eival ioa adou €xouv

e AM = MB, to M eival péoco tng AB

e AAM = MBK=90°

e M, = M,, wc KatakopudAV ywvieg
Apa, Ba eivat kat toepfadika, dnAadn (AMA) = (MKB) (1).
MNa 1o epPadov tou tplywvou AKI €xoupe:

(AKT) = (AMBTI) + (MKB) = (AMBT) + (AMA) = (ABl'A), Aoyw tng oxéong (1)

MNa to euPadov tou MBTA €xoupe: (MBIA) = (AKT) — (MKB) = (AKT) — % (AKT), Aoyw

Tou B) epwTAHATOC.
3
Apo. (MBTA) == (ABrA)
8) Eotw OTL TO TETPAYWVO EXEL TAEUPA a. Tote (ABFA) = o> kat (MBrA) = 75.
3 4

ATO TO EpWTNMA V) €XOUpE OTL 75 = " o 1 o =575 A o? = 100.

Apaa=10m
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a) To Tpiywvo ABT eivat toookehéc pe Al = BI. Apa, ot ywvieg B kat BAT Ba eival ioeg,

WG pooKelpeveg otn Baon AB.

B) Ta tpiywva ABT kal BAA sival loookeln kol €xouv pia avtiotolyn ywvia ion, adouv
BAT = B (n ywvia BAT eival mpookeipevn otn Baon AB tou oookehoUc ABI kat n
ywvia B eivat mpookeipevn otn pdon BA Tou loookeholc ABA).

Emopévwg, ta tplywva ABI kat ABA eival opola.

v) Adou ta tpiywva ABI kal ABA eival opola, tote o Aoyog Twv eppadwy Toug Ba
LooUTAL E TO TETPAYWVO TOU AOYOU OMOLOTNTACG Toug. O Adyog opotdtntag A twv Suo
TPLYWVWV LooUTAL JE ToV AOYyo TwV TTAEUPWVY TIOU BpiloKovTal amEVAVTL amno TI§ (oeg
ywviec BAT kot B avtiotoya, Snhasdh ivat

Bl 3

AL 2
EMOUEVWG, EXOUE:

2

2
= ) = (3)

9
4
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a) Mo ta tpiywva ABT kot ATA €xoupe

e ATl elval kowvn MAeUpaA.

e AB=TA adou to tetpanieupo ABIA eivat mapaAAnAdypappo.

e Bl = AA adou to tetpamieupo ABIA eivat mapaAAnAdypappo.
CUVETWG Ta Tplywva eivat oa, dpa éxouv loa euBada, Snadn (ABF) = (ATA)
ToTE

(ABFA) = (ABT) + (ATA) = (ABT) + (ABT) = 2(ABI)
&nhadn

(ABI) = (ATA) = %-(ABFA)

A r
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B) Adou ta M, N eival ta péoa Twv mAeupwv AB kat Al avtictolya, Tote

MA=MB=% Kat BN=NF=%

Ta tpiywva BMN kat ABI €xouv TV ywvia B KOLVR, EMOUEVWG

AB Br
(BMN) _MB-BN_ 5 "5 _ AB-BI =1,5n?\a5r'1 (BMN) _1
(ABI) AB-BI  AB-BI 4-.-AB-Bl 4 (ABI) 4
y) ATo 1o (B) epwtnua €Xoupe
BMN) 1
(BMN) 1, (BMN) = . (ABT)
(AB) 4 4

. , , 1 . ,
emneldn amo 1o (a) epwtnpa exoupe (ABl) = E -(ABTA), tote Ba elvat

1 1 1
(BMN) = Z-(ABF) = -(ABrA) = 3 -(ABrA)

1
2
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a) Eivat BAT+EAZ=360°-90°-90°=180° kaL dpa. oL ywviec BAT kat EAZ eival mapamAnpwHOTIKEC.
M'VWPLZOUPE OUWGE OTL OV Lo YwVio EVOC TPLYWVOU Elval lon A TapAmANPWHOTIKA LE O YwVia

EVOC AAAOU TPLYWVOU, TOTE 0 AOYOG TwV eUBadWV Twv SU0 TPLYWVWV €ival Loog Le To AOyo TwV

, , , , , (ABF)  AB-AT ,
YWOUEVWY TWV TAEUPWV TIOU TIEPLEXOUV TIC YWVIEG AUTEC. Apa m vyl 1 omorte

(ABI)=(EAZ).
B)
i. ATmO 10 a) epwtnua €xoupe OtL (ABIM)=(EAZ) kal amo unobeon eival (EZHIBA)=54.

Eivaw (ABP)+(ABAE)+(AEZ)+(ATHZ)=(EZHTBA) 1y (ABI)+36+(ABM)+9=54 i 2 -(ABr)=9

1
N (ABF) - r] =+ AB-AT- r]uA - N —'6:3 r]uA - n r]uA — Kal epooov n Vu)VlOLAElVOLl

ofela , €xoupe otL A=30°.
ii. ATIO VOO GUVNULTOVWY OTOo Tplywvo ABT LoxUel

3
Br2=AB2+Al%-2-AB-Al0uv30°=62+32-2:63" %_:45-18@

ApaL To EMPASOV Tou INTOUHEVOU TETPAYWVOU elvat E=Br2=45-18/3.
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a) ZUUPWVA PE TO VOO TWV CUVNULTOVWY 0To Tplywvo ABT oxUel
Ar? = AB* + BI'* — 2AB- Bl - ouvB.

Ano ta SeSopéva éxoupe 6TLAB = 6, Bl = 4 kat B = 60°, dpa
Al? = 6% 4+ 4% — 2-6-40uv60° R Al* = 36 + 16 — 48- %r']AFZ =28\ Al = 2/7.

B) H peyoAutepn mAeupd tou TpLywvou ABP eivaw n AB, adol AB =6 = 2-3 > 21/7 = AT,
dpa n peyoAUTeEpn ywvia tou tplywvou eivat n T, ywatl Pploketal amévavit amd
HeyoAUTEPN TIAEUPA. Opwe AB? = 62 = 36 kot Ar? + B2 = (2v7)? + 42 = 28 + 16 = 44,
dpo AB? < AT + BI. Emopévwg T < 90°, dpa to tpiywvo ABT givat ofuywvio.

y) MNa tov untoAoyopod tou epPadol Tou TpLywvou ABI XpNGOLUOTIOLOUE TOV TUTIO

1

(ABI') = 5AB-BI - nuB.

Opwc AB = 6, BN = 4 kaw B = 60°, dpa (ABT) = %-6-4-nu60° =12- g = 6V/3.
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a) To epupadod Tou opBoywviou tplywvou ABI umoAoyiletal amo tov tuno E=—f-y omou B

2
KOLL Y Ol KOABETEC TTAEUPEC TOU, EMOUEVWE OVTIKOOLOTWVTOG TA UAKN TWV MAEUPWV B Kal y Tou
TPLYWVOU EXOUE:

e=l.g.12-24.
2
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B)

i. To unKog Tng umoteivouoac a Tou opBoywviou Tplywvou nmpoodloplleTal He TV
BonBela tou NMubayopeiov BewprUATOG, EMOUEVWC:

o =B’ +y> =8> +62 =100 dpa a=+/100 =10.

i. To gufado tou opboywviou Tplywvou OLVETOL QMO TOV TUTO E=E-a-u.

a

AvTtikaBlotwvtac TNV TLUA tou euPfadol E = 24 amod TO MPWTO €PWTNUA KOL TO UAKOC TNG

TIAEUPAG a = 10 oTOV MAPATIAVW TUTIO TIPOKUTITEL:

1 , 24
24=—-10-v, U, =—.
2 5

iii. Av p glval n aktiva Tou gyyeypoapéVou KUKAOU TOU TPLYWVOU KOL T N NUUTEPLUETPOC
TOU TPLywVou, TOTE To €UPado tou E givat E=t-p . H nuutepipeTtpoc T Tou tplywvou ABI

slvoL:

1 24
'[:LB-I-V:M:—:]_Z_

2 2 2
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AvTiKoBLoTWVTAC TIG TIMEG TOU eUPadol E=24 Kol TNG NUUTEPLUETPOU T=12 OTOV TUTO
E=1-p €oUupe:

24=12-pn p=2.




