WH®OIAKO EKNAIAEYTIKO BOHOHMA
«MAGHMATIKA OMAAAZ MPOZANATOAIZMOY OETIKQN ZNMOYAQN KAI MPOZANATOAIZMOY XMOYAQN OIKONOMIAZ & NMAHPO®OPIKHX»
1° AIATQONIZMA - OKTOBPIOZ 2016: OEMATA

MAOHMATIKA OMAAAZ MNPOZANATOAIZMOY OETIKQN ZMNOYAQN KAI TPOZANATOAIZMOY
2ZMNOYAQN OIKONOMIAZ & NMAHPO®OPIKHZ

1° AIATQONIZMA - OEMATA (KepdAaia 2)
[KepdAalo 1 Mépog B' tou oxoAikou BiBAiou]

OEMA A

A1. ‘Eotw pa ouvaptnon f n omoia gival oplopévn o€ éva kKAelotd dldotnua [oc,B]. Av:

e n f eivat ouvexrig oto [a,B] kat

o f(a) =f(B)

Tote, yia kabe apiBpd M petagl twv f(a) kat f(B) umapxel évag, Touddxiotov X, € (o, p)

tetolog wote f(Xg) =n.
(Movadeg 10)
A2,

1) Awatutwote To Oswpnpa Tou Bolzano yia pua cuvdaptnon f n omoia eival oplopévn og éva
KAgloto Sudotnpa [a,B].

(Movddeg 3)

2) Mote pa ouvaptnon f Ogv_eival cuvexng o€ €va onpeio X, Tou Mediou OploHOU TNG;
(Movadeg 2)

A3. Na xapaktnpioete kd6e pia ano Ti¢ mapakdtw MPOTACEIG Ue ZwoTo (X), av gival owotn, N Ue
AdBog (A), av sivali AavBaouévn:

a) H eikova f(A) evog dlaotipatog A péow plag cuvexoug ouvaptnong f eivat didotnua
B) Av f,g,h eival tpeig ouvaptioelg kat opiletat n ho(gof), tote opiletat kat n (hog) of
KAl AQUTEG €ival UTOXPEWTIKA (0€G .

Y) Mia cuvdptnon f eivat 1-1, av kat povo av Kade oplldvtia eubsia TEPVEL TN YpaAPLKA
napdotaon ¢ f to mMoAU o€ £va onpeio.

6) Av ot cuvaptnoelg f,g €xouv dplo oto X, kat toxvet f(x) <g(x), tote

lim f(x) < lim g(x).
X=X, X=X,

€) Av lim f(X) = —oo, tote f(X)>0 KOVTA OTO X,.

(Movadeg 10)
OEMA B
Aivetal n yvnoiwg povotovn ocuvaptnon f:R —> R pe 0<f(X) <1 yua kabs X € R katn
. f(x)
ouvdaptnon g(X)=—————.
£2(x) +1
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1. Na amodei§ete 0Tl n ouvaptnon g €xel To idlo €idog povotoviag pe tnv f.

(Movadeg 5)
2. Na amodeiete o1l n ouvdptnon fog eival yvnoiwg avgouca kat 1-1.

(Movadeg 5)

3. Na amodeiete ot1 n €§iowon f(g(x3 +1)) :f(g(4x2 +2X)) €xel akplBwg 0U0 BeTIKEG pileg Kal
pla apvntikn pida.
(Movadeg 10)
4. Na emAuBei n aviowon (fo g)(x3 +4)>(fo g)(3x2) .
(Movddeg 5)

OEMAT

‘Eotw n ouvaptnon f(x)=In(e* -1)—-x.
1. Na Bpeite to medio oplopou tng.

(Movddeg 3)
2. Na Bpeite to mpoonpo tng f.

(Movadeg 4)
3. MeAetnote ™ ouvaptnon f wg mpog tn povotovia.

(Movadeg 5)
4. Anodei€te 6t n ouvdaptnon T avtiotpépetal kat Bpeite tnv f1(x).

(Movdadeg 4)

ol

. Av h(x) = Inl , amodeifte 6t umapxel X, >0 t€tolo wote F(X,) =h(X,).
X
(Movddeg 5)
3,2
6. Na Bpeite 10 6pto: lim fOX"+x7+2

x>t f(2)x%—X+1
(Movddeg 4)

OEMA A

Aivetal n ouvaptnon f: R — R €101 wote va 1oXUeL f3(x) +2f(X) =x+1 yua kabe x e R.
1. Na amodeifete 61l n ouvdptnon f eival 1-1.

(Movadeg 3)
2. Na amodeifete o0t T0 ouUvoAo Tipwy tng T eivat to R kal otn cuvéxela va Bpeite tnv

avtiotpo®n tng.

(Movadeg 5)
3. Na Bpeite 10 onpeio TOPAG TNG YPAPIKAG Tapactaong He to afova X'x .

(Movdadeg 3)
4. Na amodei€ete ot n f eival yvnoiwg av€ouca.

(Movdadeg 4)
5. Na amodeiete ot n cuvdptnon f ivat cuvexng oto onpeio Xy =-1.

(Movadeg 4)
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6. Na amodeiete 6t n ouvdaptnon f eivat cuvexng yua kae Xy e R.
(Movadeg 6)

Kol emroyio

H empéAela twv Bepdtwy mpaypatromolidnke amod toug KwvotavtomouAo Kwvotavtivo kat Motodko

BaoiAclo.



